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1. Introduction
If f, g ≥ 0, p > 1, 1p + 1q = 1, 0 <
∞∫
0
fp(x)dx < ∞ and 0 <
∞∫
0

























where the constant factor πsin( πp ) is the best possible. Inequality (1) is called a Hardy-
Hilbert’s integral inequality (see [1]) and it is important in analysis and applications























where the constant factor pq is the best possible.
Other mathematicians present generalizations or new kinds of (2) as follows:
Theorem 1 (see [3]). If λ > 0, p > 1, 1p +
1

































where the constant factor pqλ is the best possible.
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Theorem 2 (See [4]). Suppose f, g ≥ 0, 0 <
∞∫
0

























2(π − 2 arctan√2) ≈ 1.7408.














dt , p > 0 , q > 0, (6)
respectively.
2. Main results
















(x− 1)1−p dx. (9)
Proof. (7) and (8) follows by putting t = x−1 − 1, x − 1, in (5), respectively, and
(8) follows by putting x = 1/t in (6).
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|x− y|1−λ max{ex/y, ey/x}






|x− y|1−λ max{ex/y, ey/x}






|x− y|1−λ max{ex/y, ey/x}
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|x− y|1−λ max{(xy )2λ, ( yx )2λ}
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